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Energy	 harvesting	 is	 an	 important	 developing	 technology	 for	 a	 new	 generation	 of	 self-powered	













(𝜀!!! )	of	barium	titanate,	which	 leads	to	a	substantial	 increase	 in	energy	harvesting	figure	of	merit,	𝑑!!! /𝜀!!! ,	with	a	maximum	of	3.79	pm2/N	 for	barium	 titanate	with	45	vol.%	porosity,	 compared	 to	
only	1.40	pm2/N	for	dense	barium	titanate.	Dense	and	porous	barium	titanate	materials	were	then	
used	to	harvest	energy	from	a	mechanical	excitation	by	rectification	and	storage	of	the	piezoelectric	
charge	 on	 a	 capacitor.	 The	 porous	 barium	 titanate	 charged	 the	 capacitor	 to	 a	 voltage	 of	 234	mV	




Energy	 harvesting,	 the	 process	 of	 recapturing	 energy	 from	 ambient	 sources,	 such	 as	 mechanical	
vibrations	 and	 waste	 heat,	 and	 converting	 it	 to	 useful	 electrical	 energy,	 has	 received	 increasing	
attention	 in	 recent	 years	 with	 the	 development	 of	 low	 powered	 electronics	 and	 wireless	 sensor	
technologies	 [1].	Ferroelectric	ceramics	are	of	particular	 interest	 in	 this	 field	due	to	their	ability	 to	
directly	 convert	 vibrational	 energy	 to	 electrical	 energy	 via	 the	 piezoelectric	 effect	 and	 thermal	
fluctuations	 into	 electrical	 energy	 via	 the	 pyroelectric	 effect	 [2,	 3].	 Figures	 of	 merit	 for	 both	
piezoelectric	 and	 pyroelectric	 energy	 harvesting	 have	 been	 derived	 based	 on	 the	 change	 of	
polarisation	 of	 a	 poled	 ferroelectric	material	 due	 to	 an	 applied	 stress	 (piezoelectric)	 or	 change	 in	
temperature	 (pyroelectric).	 The	 piezoelectric	 harvesting	 figure	 of	 merit	 for	 off-resonance,	 low	
frequency	(<<100	kHz)	vibration	is	given	by	[4]:	
	 	 	 	 𝐹𝑜𝑀!! = !!"!!!!! 	 	 	 	 	 	 	 (1)	
where	dij	is	the	piezoelectric	strain	coefficient	(the	subscripts	denote	the	direction	of	applied	stress	
(j)	 with	 respect	 to	 the	 poling	 direction	 (i))	 and	 𝜀!!! 	 is	 the	 permittivity	 at	 constant	 stress.	 The	
pyroelectric	energy	harvesting	figure	of	merit	is	given	by	[5]:	




permittivity.	 However,	 ferroelectric	 materials	 with	 the	 highest	 piezoelectric	 and	 pyroelectric	
coefficients	 often	 have	 high	 permittivity.	 One	 approach	 to	 improve	 the	 figures	 of	 merit	 is	 to	
introduce	porosity,	which	has	been	shown	to	provide	a	cost-effective	way	of	tuning	the	properties	of	
these	materials	by	reducing	the	permittivity	whilst	maintaining	a	relatively	high	d33	[6]	or	p	[7].	
Directly	 after	 sintering,	 a	 polycrystalline	 ferroelectric	 ceramic	 initially	 exhibits	 no	 piezoelectric	 or	
pyroelectric	 properties	 as	 domains	within	 the	material	 are	 randomly	 orientated	 [8].	 To	make	 the	
ferroelectric	 material	 electro-active	 they	 are	 poled	 by	 applying	 an	 electric	 field	 to	 orientate	 the	
ferroelectric	 domains	 which	 exist	 below	 the	 Curie	 temperature,	 yielding	 a	 net	 polarisation	 that	
provides	a	piezoelectric	and	pyroelectric	response.	It	has	been	shown	previously	that	the	decrease	in	
piezoelectric	response	in	porous	ferroelectrics	 is	 largely	due	to	difficulties	in	poling	these	materials	
as	 the	 poling	 field	 preferentially	 concentrates	 in	 the	 low	 permittivity	 pores,	 thereby	 leading	 to	
regions	 of	 ferroelectric	 material	 remaining	 unpoled	 after	 the	 poling	 field	 is	 removed	 [9,	 10].	
Understanding	 the	 effect	 of	 the	 porous	 structure	 on	 the	 poling	 behaviour	 of	 ferroelectrics	 may	
therefore	aid	the	design	of	composites	materials	with	low	permittivity	and	high	d33	coefficients.	The	




The	 introduction	 of	 porosity	 into	 ferroelectric	 ceramics	 such	 as	 lead	 zirconate	 titanate	 (PZT)	 and	
barium	 titanate	 (BaTiO3)	 reduces	 the	 permittivity	 of	 the	 ceramic-air	 composite	 [12]	 and	 has	 been	
shown	to	be	beneficial	in	terms	of	increasing	figures	of	merit	for	a	number	of	applications	including	











24]	 than	 porous	 PZT	with	 uniformly	 distributed	 porosity	 at	 similar	 levels	 of	 porosity	 [15,	 16].	 For	
example,	a	freeze	cast	PZT	with	over	65	vol.%	porosity	was	reported	to	have	d33	values	of	up	to	91%	
that	of	the	dense	material,	whilst	the	permittivity	was	found	to	be	just	33%	that	of	dense	PZT	[22],	
yielding	 an	 exceptionally	 high	 piezoelectric	 energy	 harvesting	 figure	 of	 merit	 using	 Eqn.	 1	 [6].	











occurs	as	the	electric	 field	applied	during	poling	preferentially	concentrates	 in	the	 low	permittivity	
phase,	a	condition	of	Gauss’	law	[27].	There	have	been	several	recent	investigations	into	the	effect	
of	 pore	 shape,	 orientation	 and	 connectivity	 on	 the	 electric	 field	 distribution	 and	 polarization-
switching	dynamics	in	dielectric	materials	[28-31].	Porous	structures	with	ideal	3-1	connectivity,	i.e.	
isolated	1D	pore	channels	in	a	continuous	piezoelectric-matrix	as	in	Fig.	1c,	have	been	simulated	via	





polarisation-electric	 field	 (P-E)	 loops	 observed	 in	 PZT	 [7]	 and	 (Pb,Nb)(Ti,Zr)O3	 (PZTN)	 [29]	 with	
increasing	porosity.	A	detailed	study	on	the	effect	of	pore	aspect	ratio	and	orientation	with	respect	
to	 applied	 electric	 field	 demonstrated	 that	 elongated	 pores	 aligned	 perpendicular	 to	 the	 applied	
field	 exhibited	 broadening	 of	 the	 P-E	 loops	 compared	 with	 equi-axed	 pores,	 however,	 the	 least	
disruption	to	electric	field	was	observed	when	elongated	pores	were	aligned	parallel	to	the	electric	
field	 [30].	 Experimental	 studies	have	demonstrated	 that	 elongated	pores	 aligned	perpendicular	 to	
the	 poling	 direction	 led	 to	 lower	d33	 values	 compared	 to	 spherical	 pores	 [30,	 32,	 33],	which	 is	 in	
agreement	with		theoretical	studies	[28-31].	
With	 regards	 to	 developing	 porous	 ferroelectrics	 for	 energy	 harvesting,	 microstructures	 that	
promote	homogenous	 field	distributions	 throughout	 the	material	with	 local	electric	 fields	 close	 to	
the	 applied	 field	 in	 both	 the	 ceramic	 phase	 and	 the	 pores	 are	 likely	 to	 be	 easier	 to	 pole	 than	
structures	with	broad	 field	distributions	during	 the	poling	process.	This	would	explain	 the	high	d33	
coefficients	reported	for	freeze	cast	porous	piezoelectric	materials	with	an	orientated	structure	[7,	





vibrational	mechanical	 harvesting.	 Porosity	 increases	 the	mechanical	 compliance	 [16,	 34]	 and	also	
decreases	 the	 strength	of	 ceramics	 [35].	However,	 aligning	 the	high	 stiffness	 ceramic	phase	 along	
the	 primary	 loading	 axis,	 as	 is	 the	 case	 of	 freeze	 cast	 porous	 ceramics,	 improves	 the	mechanical	
properties	 compared	 to	 those	with	uniformly	distributed	porosity	 [36].	 In	order	 to	harvest	energy	
from	mechanical	loads,	porous	ferroelectric	ceramics	must	be	sufficiently	stiff	and	strong	to	survive	
their	 operating	 conditions,	which	 is	 likely	 to	be	a	 further	 advantage	of	using	highly	 aligned	 freeze	
cast	materials	rather	than	those	with	uniformly	distributed	porosity.	
In	this	paper	both	a	single	pore	model	and	a	porous	microstructural	model	are	presented	to	evaluate	
the	 effect	 of	 the	porous	 structure	on	 the	 resultant	 piezoelectric	 properties	 and	energy	harvesting	
performance.	 Firstly,	 the	 single	 pore	 model	 is	 used	 to	 understand	 the	 effect	 of	 the	 angle	 and	
orientation	 of	 a	 pore	 in	 a	 barium	 titanate	matrix	 on	 the	 poling	 behaviour	 of	 the	material,	 which	
provides	 an	 explanation	 of	 the	 excellent	 d33	 coefficients	 reported	 in	 literature	 for	 aligned	
microstructures.	 Secondly,	 the	 porous	 microstructural	 model	 is	 used	 to	 understand	 the	 effect	 of	
microstructural	 features	 commonly	 observed	 in	 porous	 freeze	 cast	materials	 on	 the	 piezoelectric	
and	dielectric	properties.	To	provide	experimental	data,	barium	titanate	with	highly	aligned	porosity	
has	been	produced	via	 the	 freeze	casting	method	to	 improve	the	degree	of	poling	and	provide	an	













of	 the	 model	 to	 simulate	 the	 poling	 electric	 field	 across	 the	 material.	 The	 electric	 field	 in	 each	
element	was	 analysed	 to	 determine	whether	 the	 local	 field	 exceeded	 the	 coercive	 field	 (Ec	 =	 0.5	
kV/mm	[37]),	i.e.	the	necessary	field	to	switch	the	orientation	of	a	domain	in	a	ferroelectric	material.	
The	applied	field	used	in	this	model	was	selected	as	it	provided	contrast	between	poled	and	unpoled	






and	 low	electric	 field	 regions	are	present	 in	 the	BaTiO3	phase	 in	 immediate	vicinity	of	 the	pore	at	
pore-ceramic	 interfaces	 perpendicular	 to	 the	 applied	 field.	 This	 results	 in	 varying	 fractions	 of	 the	
BaTiO3	 becoming	 poled	 as	 shown	 in	 Fig.	 2b,	 in	which	 the	 blue	 areas	 are	 those	 in	which	 the	 local	
electric	 field	 is	 below	 the	 coercive	 field	 and	 is	 therefore	 likely	 to	 remain	 unpoled.	 The	 resulting	
fraction	of	poled	material	as	a	function	of	pore	angle	with	respect	to	field	is	shown	in	Fig.	2c.	High	
aspect	 ratio	 pores	 aligned	parallel	 to	 the	 applied	 field	 yield	 the	highest	 fraction	of	 poled	material	
(angle	=	0°	in	Fig.	2b	and	c),	whereas	high	aspect	ratio	pores	aligned	perpendicular	to	the	poling	field	
(angle	=	90°	in	Fig.	2b	and	c)	resulted	in	the	lowest	poled	fraction.	If	we	were	to	extend	the	aspect	
ratio	 further	we	would	 reach	 the	 extreme	 case	 of	 parallel	 and	 series	 structures,	 i.e.	 a	 3-1	 or	 2-2	
composite	 in	 three	dimensions	 (see	 Fig.	 1).	 These	 results	 indicate	 the	potential	 for	 achieving	high	






45°)	contained	within	a	barium	titanate	matrix;	b)	 regions	of	poled	 (red)	and	unpoled	 (blue)	barium	titanate	
with	single	pore	(black)	angle	varied	from	0°	to	90°		with	respect	to	applied	field;	and	c)	effect	of	aspect	ratio	
and	 angle	 of	 pore	 with	 respect	 to	 direction	 of	 applied	 field	 on	 the	 fraction	 of	 barium	 titanate	 poled	 in	 z-








that	 has	 been	 used	 previously	 to	 describe	 the	 properties	 of	 lead	 zirconate	 titanate	 (PZT)	 with	
uniformly	distributed	porosity	 [9]	 and	barium	 titanate	with	porous	 sandwich	 layer	 structures	 [10].	









as	 ‘ice-templating’	 [39,	 40].	 The	 remaining	 ceramic	 powder	 compact	 is	 then	 sintered	 at	 high	
temperature	 to	densify	 the	 ceramic	walls.	A	variety	of	porous	 structures	 can	be	achieved	 through	
control	of	the	freezing	conditions	and	the	properties	of	the	liquid	suspension,	however,	the	majority	
of	 work	 to	 date	 in	 terms	 of	 freeze	 cast	 porous	 ceramics	 has	 focussed	 on	 forming	 highly	 aligned	
structures	that	are	beneficial	in	terms	of	their	mechanical	properties	[36].	Similarly,	the	literature	on	
freeze	 cast	 porous	 ferroelectric	 ceramics	 focusses	 on	 the	 fabrication	 and	 properties	 of	 porous	
structures	 aligned	 to	 the	 poling	 direction	 that,	 as	 previously	 discussed,	 are	 found	 to	 have	 high	





examined	 in	 this	 work,	 although	 tetra-butyl	 alcohol	 and	 camphene	 have	 also	 been	 extensively	
researched	 and	 the	 work	 here	 also	 has	 relevance	 to	 the	 properties	 of	 aligned	 structures	 formed	




the	basal	plane	of	 the	 ice	crystals	are	aligned	to	the	 freezing	direction,	 in	effect	growing	 in	a	 two-
dimensional	 sheet.	 As	 the	 ice	 grows	 during	 water-based	 freeze	 casting	 the	 ceramic	 particles	 are	
ejected	 from	 the	 solidification	 front	 into	 channels	 between	 the	 sheets	 of	 ice,	 thus	 forming	 the	
characteristic	 lamellar	 2-2	 structure	 [7,	 21,	 39,	 40]	 (see	 Fig.	 1	 for	 schematic	 representation	of	 2-2	
structure,	Fig.	1d).		
The	 temperature	 gradient	provides	 the	driving	 force	 for	 the	directional	 growth	of	 the	 crystallising	
solvent,	 meaning	 that	 high	 temperature	 gradients	 are	 favourable	 for	 producing	 highly	 aligned	
structures	 [40].	 When	 the	 gradient	 and	 the	 driving	 force	 for	 directional	 growth,	 is	 too	 low	 the	
solvent	 crystals	 are	 more	 likely	 to	 tilt	 away	 from	 the	 primary	 freezing	 axis,	 resulting	 in	 reduced	
alignment	 [39].	Double-sided	 freezing	 set	ups,	whereby	 suspensions	are	 frozen	 from	both	 the	 top	
and	bottom	surfaces	simultaneously	can	further	improve	alignment	[21,	42].	
The	width	 of	 the	 lamellar	 ice	 channels	 can	 also	 be	 controlled	 by	 adjusting	 the	 freezing	 rate,	with	
finer	 pore	 structures	 achieved	 using	 faster	 rates	 [39].	 Reducing	 the	 pore	width	 of	 the	 freeze	 cast	
materials	has	been	shown	 to	 improve	 their	mechanical	 strength	compared	 to	coarse	 structures	at	




characteristic	 bridges	 between	 the	 ceramic	 lamellae	 that	 are	 commonly	 observed	 in	 freeze	 cast	
structures	[7].	
The	 main	 factor	 controlling	 the	 final	 porosity	 of	 the	 material	 is	 the	 solid	 loading	 of	 the	 liquid	
suspension.	Freeze	casting	has	been	used	to	create	both	highly	dense	ceramics	(<1	vol.%	porosity),	
using	 very	 low	 freezing	 rates	 and	 high	 solid	 loading	 (~50	 vol.%	 solid	 loading),	 and	 high	 porosity	
materials,	such	as	aerogels	(>90	vol.%	porosity)	[40].	As	the	solid	loading	is	increased	the	viscosity	of	
the	 suspension	 increases	 and	 redistribution	 of	 the	 ceramic	 particles	 away	 from	 the	 solidification	
front	becomes	more	difficult	[44].	This	may	affect	the	long	range	order	of	the	porous	structure	post-





research	 conducted	 in	 this	 field.	 However,	 it	 is	 important	 to	 understand	 some	 of	 the	 processing	
challenges	 that	arise	during	 freeze	casting	 in	order	 to	model	 their	behaviour	 in	 the	context	of	 the	
poling	 behaviour	 of	 a	 ferroelectric	 material.	 As	 discussed	 in	 Section	 3.1,	 control	 of	 the	 freezing	
process	 is	 essential	 to	 generate	 a	 highly	 aligned	 microstructure,	 and	 even	 with	 relatively	 good	
control	 of	 cooling	 rate	 and	 particle	 size	 some	 ‘defects’	 (defined	 in	 this	 sense	 as	 microstructural	
features	which	detract	from	an	ideal	2-2	structure)	are	likely	to	be	present,	such	as	porosity	 in	the	


























A	 30	 x	 30	 x	 30	mesh	 of	 cubic	 elements	was	 used	 as	 the	 starting	 point	 for	 all	 structures	 (Fig.	 4a)	
before	 designating	 pore	 channels	 (Fig.	 4b).	 Bridges	 between	 and	 porosity	 within	 the	 ceramic	
channels	 was	 then	 introduced	 in	 randomly	 selected	 positions	 within	 the	 network	 (Fig.	 4c).	 The	
fraction	of	porosity	 introduced	 into	the	ceramic	channels	was	controlled	by	the	parameter	αcc	and	





freeze	 cast	material	 and	was	observed	 to	 give	 a	 good	 indication	of	 the	effect	of	 the	 two	 types	of	
‘defect’	 on	 the	poling	behaviour	 and	piezoelectric	 properties	 of	 freeze	 cast	 ferroelectric	 ceramics.	





lamellae.	 The	 spacing	 between	 the	 pore	 channels	 (i.e.	 the	 ceramic	 channel	 width)	 was	 varied	 to	
provide	additional	control	over	the	porosity,	as	in	Fig.	5,	where	the	top	row	of	images	have	a	ceramic	
channel	 width	 of	 three	 elements	 and	 the	 bottom	 row	 of	 images	 have	 a	 width	 of	 two.	 Once	 the	
porous	network	had	been	generated	the	ceramic	elements	were	assigned	the	properties	of	unpoled	
barium	 titanate	 (elastic	 modulus	 =	 120	 GPa,	 Poisson’s	 ratio	 =	 0.3,	 εr	 =	 1187.5	 [46])	 and	 pore	
elements	were	assigned	the	properties	of	air	(elastic	modulus	=	0,	εr	=	1).	The	mesh	size	was	deemed	






Fig	 4d	 in	 which	 red	 elements	 are	 those	 that	 have	 been	 poled	 and	 blue	 elements	 are	 those	 that	



















BaTiO3	 ceramic	 elements	 in	 the	 pore	 channels	 tended	 to	 be	 in	 low	 field	 regions	 and	 therefore	
remained	unpoled,	 thus	 adding	 to	 the	 relative	density	of	 the	material	 but	not	 contributing	 to	 the	
measured	d33.	 The	 results	 shown	 in	Fig.	7	are	more	 intuitive	 in	 that	 increasing	porosity	within	 the	
ferroelectric	 channels	 (increasing	 αcc)	 led	 to	 lower	 poled	 fractions	 that	 resulted	 in	 reduced	 d33	
coefficients.	A	 linear	 relationship	between	d33	 and	 fraction	of	barium	titanate	poled	was	observed	




the	variables,	αcc,	 i.e.	 the	 fraction	of	porosity	 in	 the	ceramic	channels,	and	αpc,	 the	 fraction	of	ceramic	 in	 the	
pore	channels	on	 the	porous	 structure;	pores	are	 light	grey	 in	 colour	and	 the	ceramic	phase	 is	blue.	The	 top	
three	images	have	increasing	αcc	with	αpc	=	0.1	and	the	bottom	three	images	have	increasing	αpc	with	αcc	=	0.05.	
The	 ceramic	 channel	 width	 is	 wider	 in	 the	 top	 three	 images	 compared	 to	 the	 bottom	 three	 images,	 which	
allowed	additional	control	over	the	overall	porosity	fraction.	
	
A	 comparison	 between	 model	 predictions	 of	 an	 ideal	 2-2	 structure	 (αcc,	 αpc	 =	 0),	 freeze	 cast	
structures	(with	varying	ceramic	channel	porosity,	αcc,	and	ceramic	in	pore	channel,	αpc),	and	uniform	
porous	 BaTiO3	 is	 shown	 in	 Fig	 7.	 For	 an	 ideal	 2-2	 porous	 structure,	 d33	 remained	 at	 140	 pC/N	
regardless	 of	 the	 porosity	 fraction,	 since	 the	 highly	 aligned	 structure	 promoted	 a	 homogeneous	
poling	field	so	that	all	the	BaTiO3	elements	were	poled.	At	low	αcc	and	αpc,	 i.e.	close	to	an	ideal	2-2	




fractions	 of	 BaTiO3,	 higher	 d33	 coefficients	 were	 observed	 in	 the	 uniformly	 distributed	 porous	
structures	 compared	 to	 the	 freeze	cast	microstructures,	even	when	 there	was	a	 low	pore	 fraction	
within	 the	 ceramic	 BaTiO3	 channels	 (low	 αcc).	 This	 indicates	 that	 in	 order	 to	 achieve	 high	 d33	
coefficients	clear	pore	channels	are	more	important	than	highly	dense	ferroelectric	channels.	This	is	
possibly	 caused	 by	 a	 restriction	 of	 strain	 in	 the	 poled	 material	 due	 to	 the	 presence	 of	 unpoled	
ceramic	 bridges	 in	 the	 porous	 channels.	 For	 example,	 when	 an	 external	 field	 was	 applied	 to	 the	
model	 a	 piezoelectric	 strain	 was	 observed	 in	 the	 highly	 poled	 dense	 channels,	 but	 no	 strain	 was	
induced	in	the	stiff	unpoled	BaTiO3	bridges	within	pore	channels	due	the	applied	field.	When	there	
was	 a	 low	 fraction	 of	 unpoled	 ceramic	 in	 the	 pore	 channels	 (i.e.	 a	 low	 αpc)	 the	 poled	 ceramic	
channels	were	relatively	unrestricted	in	their	piezoelectric	expansion	due	to	the	applied	field	so	that	
a	 high	 net	 piezoelectric	 response	 was	 observed	 throughout	 the	 material,	 leading	 to	 a	 high	 d33.	





Having	 well-defined	 pore	 channels	 and	 long	 range	 order	 was	 therefore	 found	 to	 be	 beneficial	 in	
terms	of	promoting	high	d33	coefficients	in	the	modelled	freeze	cast	porous	ferroelectric	materials.		
Example	 permittivity	 data	 obtained	 from	 the	 porous	 network	 model	 are	 shown	 in	 Fig.	 8a	 for	
constant	pore	channel	ceramic	fraction,	αpc,	with	varying	pore	fraction	in	ceramic	channels,	αcc	and	
Fig.	8b	for	constant	αcc,	varying	αpc,	alongside	the	permittivity	for	an	ideal	2-2	connected	(αcc,	αpc	=	0)	
and	 barium	 titanate	with	 uniformly	 distributed	 porosity.	 The	 ideal	 2-2	 structure	 followed	 a	 linear	
trend	of	a	parallel	 rule	of	mixtures	model	 [47]	and	as	αcc	and	αpc	approached	zero,	 i.e.	 towards	an	
ideal	2-2	structure,	the	permittivity	increased	to	what	is	effectively	an	upper	bound.	When	αpc	>	0.1	
the	 permittivity	 of	 the	 freeze	 cast	 structure	 became	 close	 to	 that	 of	 the	 uniform	 porous	 barium	
titanate.	Fig.	8c	is	 included	to	show	that	at	the	limits	of	the	parameters	studied	here,	i.e.	αcc	=	0.3,	
αpc	=	0.4,	 the	permittivity	of	 the	aligned	structure	was	 lower	 than	 the	uniform	porous	material.	 In	
terms	 of	 the	 energy	 harvesting	 figure	 of	merit	 (Eqn.	 1)	 a	 low	 permittivity	 is	 beneficial,	 however,	
these	structures	also	had	relatively	low	d33	coefficients.	
Calculated	 harvesting	 figures	 of	 merit,	 𝑑!!! /𝜀!!! ,	 for	 the	 modelled	 data	 are	 shown	 in	 Fig.	 9.	
Introducing	 porosity	 was	 generally	 found	 to	 increase	 the	 figure	 of	 merit	 compared	 to	 the	 dense	



























Figure	 9:	 Modelled	 data	 showing	 effect	 of	 a)	 variation	 of	 ceramic	 channel	 porosity,	 αcc,	 at	 constant	 pore	
channel	ceramic	fraction	(αpc	=	0.1)	and	b)	variation	of	pore	channel	ceramic	fraction,	αpc,	at	constant	ceramic	






To	 provide	 experimental	 validation	 of	 the	 finite	 element	 model	 observations,	 freeze	 cast	 barium	
titanate	 samples	were	 fabricated	with	a	 range	of	porosities	 (37	 to	56	vol.%	porosity).	 This	 section	
details	the	experimental	procedure,	results	and	discussion,	and	finally	a	demonstration	of	the	energy	
harvesting	 capabilities	 of	 the	 porous	 ferroelectric	 materials	 compared	 to	 the	 dense	 material,	 in	




Barium	 titanate	 suspensions	 with	 varying	 solid	 loading	 contents	 (20,	 25,	 30,	 32.5	 vol.%)	 were	
prepared	with	 commercial	 BaTiO3	 powder	 (particle	 size,	d50	 =	 2.1	 µm,	 Ferro,	 UK),	 1	wt.%	 organic	
binder	 (polyethylene	glycol,	Sigma,	UK)	and	dispersant	 (polyacrylic	acid,	Sigma,	UK),	and	deionized	




the	 frozen	 bodies	 by	 freeze	 drying	 (Mini	 Lyotrap,	 LTE	 Scientific,	 UK)	 for	 24	 h.	 These	 were	 then	




sintering	 profile	 were	 the	 same	 as	 those	 used	 in	 previous	 investigations	 [10,	 20]	 to	 enable	
comparison	between	the	properties	of	barium	titanate	with	different	porous	structures.	




UK).	 Impedance	 spectroscopy	 (Solartron	 1260	 and	 1296	 Dielectric	 Interface,	 UK)	 was	 used	 to	




SEM	 images	 of	 barium	 titanate	 freeze	 cast	 from	 suspensions	 with	 20	 vol.%	 initial	 solid	 loading	
(relative	density,	ρrel	=	0.45)	are	shown	 in	Fig.	10a	and	b	and	30	vol.%	solid	 loading	samples	 (ρrel	=	
0.55)	are	shown	in	Fig.	10c	and	d.	Comparing	Fig.	10a	and	c	it	can	be	seen	that	the	barium	titanate	
freeze	cast	from	the	30	vol.%	loading	suspension	had	more	defined	pore	and	ceramic	channels	than	
the	 samples	 cast	 from	 the	20	 vol.%	 suspension.	One	possible	 reason	 for	 this	 is	 reducing	 the	 solid	
loading	 content	 resulted	 in	 more	 shrinkage	 during	 sintering	 (30%	 radial	 shrinkage	 for	 20	 vol.%	
suspension,	24%	radial	shrinkage	for	30	vol.%	suspension)	that	may	have	resulted	in	coalescence	of	
adjacent	 ceramic	 lamellae.	 In	 addition,	 adjusting	 the	 solid	 loading	of	 the	 suspension	 can	 alter	 the	
freezing	 temperature	 and	 viscosity	 [40]	 and	 therefore	 it	 may	 be	 that	 a	 more	 aligned	 freeze	 cast	
structure	 could	 have	 been	 achieved	 if	 the	 freezing	 conditions	 were	 altered	 depending	 on	 the	
suspension	 properties.	 The	 grain	 size,	 which	 can	 be	 seen	 in	 Fig.	 10c	 and	 d,	 did	 not	 change	
significantly	with	varying	solid	loading	content	or	porosity	 level,	with	grain	sizes	generally	between	
10	 and	 30	 µm,	 which	 was	 similar	 to	 previous	 studies	 into	 the	 effect	 of	 porous	 structure	 on	 the	
energy	harvesting	properties	of	barium	titanate	[10,	20].	
Transverse	images,	i.e.	perpendicular	to	freezing	direction,	in	Fig.	11	and	polished	images	of	sample	
cross-sections	 (i.e.	 the	direction	shown	 in	Fig.	10)	were	used	to	calculate	 the	average	ceramic	and	
pore	 channel	 width	 of	 the	 freeze	 cast	 barium	 titanate.	 Transverse	 pore	 structures	 of	 three	 solid	
loadings	(20,	30	and	32.5	vol.%)	with	corresponding	relative	densities	of	ρrel	=	0.45,	0.55	and	0.62	are	
shown	in	Fig.	11a-c,	respectively.	 Increasing	the	solid	 loading	content	 led	to	an	increase	in	ceramic	
channel	 average	 width,	 which	 was	 found	 to	 be	 ∼9	 µm	 for	 barium	 titanate	 cast	 from	 20	 vol.%	
suspension	 compared	 to	 ∼15	 µm	 for	 30	 and	 32.5	 vol.%	 initial	 solid	 loading.	 On	 comparing	 the	
average	ceramic	wall	thickness	measured	from	transverse	images	in	Fig.	11	to	the	SEM	images	in	Fig.	
10,	 it	appears	 the	ceramic	channels	were	generally	1-2	grains	 thick	with	a	degree	of	anisotropy	of	





mechanisms.	 Firstly,	 as	 previously	 discussed,	 a	 low	 solid	 loading	 sample	 experiences	 higher	
shrinkage	 during	 sintering,	 which	 may	 have	 led	 to	 a	 reduction	 in	 the	 pore	 channel	 width	 as	







with	55	and	45	vol.%	porosity,	 respectively,	 showing	grain	 size	did	not	 change	with	porosity	or	 solid	 loading	




















d33	 of	 the	 uniformly	 distributed	 porous	 samples	 across	 the	whole	 range	 of	 relative	 densities.	 This	
was	 a	 similar	 trend	 to	 that	 observed	 in	 the	 finite	 element	models,	 see	 Fig.	 6	 and	 7,	 in	which	 the	
highly	 aligned	 structures	had	 superior	 piezoelectric	 strain	 coefficients	 to	 the	uniformly	distributed	
porous	samples.	The	variability	in	the	data	indicates	there	was	some	variation	occurring	during	the	
processing	 that	 results	 in	 some	 samples	having	better	pore	 channel	 and	 ceramic	phase	alignment	
than	others,	as	observed	 in	 the	 results	of	 the	modelling	study	 in	Section	3,	which	can	significantly	
affect	 the	 piezoelectric	 properties.	 The	 slight	 decline	 in	d33	 observed	 as	 relative	 density	 increased	




spheres	 (BURPS)	 process,	 from	 [19])	 for	 a)	 longitudinal	 piezoelectric	 strain	 coefficient,	 d33,	 b)	 relative	
permittivity,	𝜀!!! /𝜀!,	and	c)	energy	harvesting	figure	of	merit	(𝑑!!! /𝜀!!! )	as	a	function	of	relative	density.	
	
Relative	permittivity	at	1	kHz	is	shown	in	Fig.	12b	as	a	function	of	relative	density.	It	can	be	seen	that	
the	 aligned	 freeze	 cast	 barium	 titanate	 had	 a	 slightly	 lower	 permittivity	 than	 the	 uniform	 porous	
barium	titanate,	which	was	not	predicted	by	either	finite	element	model	presented	in	this	paper	or	
indeed	 other	 models	 discussed	 elsewhere	 [47,	 49].	 However,	 these	 models	 assume	 there	 is	 no	
physical	change	in	the	material	properties	with	the	introduction	of	porosity	or	processing	conditions	




significantly	 the	 properties	 of	 barium	 titanate.	 For	 example,	 the	 dielectric	 properties	 of	 barium	






titanate	 [52,	54,	55],	 such	as	d33,	 the	model	and	experimental	data	 suggests	 that	 the	piezoelectric	
coefficient	 is	 more	 dependent	 on	 the	 poling	 behaviour	 due	 to	 the	 porous	 structure,	 which	 may	
explain	 why	 the	 experimental	 d33	 data	 in	 Fig.	 12a	 is	 closer	 to	 the	 behaviour	 as	 predicted	 by	 the	
model.	Further	work	is	required	to	fully	understand	the	experimental	permittivity	data,	however,	it	
is	 of	 interest	 to	 note	 that	 reduced	 permittivity	 (compared	 to	 the	 finite	 element	model	 presented	
here	and	 rule	of	mixtures	model	 for	a	parallel-connected	structure	 [47])	are	beneficial	 in	 terms	of	
the	energy	harvesting	figure	of	merit,	see	Eqn.	1.	
The	 high	 d33	 coefficients	 measured	 in	 the	 freeze	 barium	 titanate	 samples	 led	 to	 significantly	
increased	 energy	 harvesting	 figures	 of	 merit	 compared	 to	 uniformly	 distributed	 porous	 barium	
titanate,	 see	 Fig.	 12c,	 and	 when	 combined	 with	 the	 reduction	 in	 permittivity	 yielded	 a	 two-fold	
increase	 in	harvesting	 figure	of	merit	compared	to	 the	dense	material.	A	maximum	of	3.79	pm2/N	
was	 found	 in	 the	 freeze	cast	barium	titanate	at	a	 relative	density	of	0.55	and	many	samples	were	
found	to	have	a	figure	of	merit	of	>3.0	pm2/N,	more	than	twice	that	of	dense	barium	titanate.	This	






harvesting	 of	 the	 porous	 freeze	 cast	 barium	 titanate	 compared	 to	 the	 dense	material	 with	 three	




samples	 were	 fixed	 to	 a	 Perspex	 beam	 attached	 to	 a	 shaker	 (LDS	 V201,	 Bruel	 &	 Kjær,	 DK)	 with	




by	 a	 signal	 generator	 passed	 through	 an	 amplifier	with	 the	 gain	 set	 to	 20	 dB	 (x10	 amplification);	
calibration	using	an	accelerometer	found	these	conditions	to	give	a	maximum	acceleration	force	of	
approximately	 11	 g0.	 The	 open	 circuit	 voltage	 and	 short	 circuit	 current	 were	 measured	 using	 a	
B2987A	 Electrometer	 (Keysight,	 UK).	 The	 experimental	 set	 up	 is	 shown	 in	 Fig.	 13b.	 The	 voltage	
generated	by	a	sample	was	then	measured	again	after	being	passed	through	a	full	rectifying	bridge	
circuit	with	four	1N4148	diodes	(NXP	Semiconductors,	NL),	which	enabled	calculation	of	the	voltage	
drop	 across	 the	 rectifier.	 Finally,	 a	 1	 µF	 capacitor	 (63	 V,	 Philips	 030K0,	 USA)	 (CL	 in	 Fig.	 13c)	 was	
charged	 across	 a	 load	 resistance	 of	 10	 MΩ	 measured	 with	 a	 differential	 probe	 of	 20	 MΩ	 input	
impedance,	 resulting	 in	an	equivalent	of	6.67	MΩ	 load	resistance	 (RL	 in	Fig.	13c).	To	reduce	noise,	
the	tests	were	conducted	in	a	Faraday	cage	with	shielding	and	grounding	connect	to	electrometer’s	
guard	and	chassis	 ground,	 respectively.	Open	circuit	 voltage	and	 short	 circuit	 current	experiments	
were	 repeated	 six	 times	 for	 each	 sample	 and	 the	 data	 averaged;	 capacitor	 charging	 experiments	
were	 repeated	 three	 times	 per	 sample.	 The	 voltage	 drop	 across	 the	 rectifying	 bridge	 was	 0.2	 V.	
Capacitances	of	the	samples	were	measured	with	the	HP	4263B	LCR	Metter	with	test	signal	level	of	
1V	at	100	Hz.	







data	 sets	 have	 been	 smoothed	 and	 averaged.	 The	 open	 circuit	 voltage	 increased	 with	 increasing	




	 	 	 	 𝑉!" = !!!!!!! . 𝑡.𝜎	 	 	 	 	 	 	 (3)	
where	t	 is	 the	sample	thickness.	The	piezoelectric	strain	coefficient,	d33,	and	sample	thickness	was	
similar	in	the	three	tested	samples	and	so	under	the	same	loading	conditions	Voc	was	expected	to	be	
approximately	 inversely	 proportional	 to	 the	 permittivity	 of	 the	 sample,	 as	 was	 observed	
experimentally.	 The	 short	 circuit	 current,	 Isc,	 decreased	 with	 increasing	 porosity	 and	 decreasing	
permittivity,	see	Fig.	14a	and	Table	1.	
	Figure	 14:	 Results	 from	 shaker	 experiment	 showing	 comparison	 between	 two	 porous	 freeze	 cast	 barium	
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the	 varying	 capacitances	 of	 the	 samples.	 The	 current	 produced	 by	 the	 sample	 due	 to	mechanical	
excitation,	I,	is	equal	to	the	change	in	charge,	dQ,	with	time,	dt:	
	 	 	 	 𝐼 =  !"!" 	 	 	 	 	 	 	 	 (4)	
and	the	change	in	charge	due	to	a	change	in	voltage,	dV,	can	be	written	as:	
	 	 	 	 𝑑𝑄 = 𝐶.𝑑𝑉	 	 	 	 	 	 	 (5)	
if	we	assume	constant	capacitance,	C,	of	the	piezoelectric	during	the	experiment.	If	we	differentiate	
with	respect	to	time	and	rearrange	we	get	the	relationship:	
	 	 	 	 𝐼 =  !"!" = 𝐶. !"!" .		 	 	 	 	 	 (6)	
From	Eqn.	6	it	can	be	seen	that	for	a	given	change	in	voltage	with	time,	dV/dt,	the	dense	sample	was	
expected	to	produce	the	most	current	as	it	had	the	highest	capacitance,	four	times	greater	than	the	
capacitance	 of	 the	 highest	 porosity	 sample,	 see	 Table	 1.	 However,	 as	 the	 porous	 samples	 had	 a	
lower	permittivity	they	produced	higher	voltages	per	unit	stress	(see	Eqn.	3	and	Fig.	14a)	therefore	
the	peak	current	of	the	dense	barium	titanate	due	to	an	applied	stress	was	not	four	times	greater	
than	the	barium	titanate	with	ρrel	=	0.55,	as	predicted	by	their	respective	capacitances,	but	was	only	∼1.7	 times	greater	due	 to	a	 combination	of	higher	 capacitance	yielding	 increased	current	outputs	
whilst	simultaneously	causing	a	reduction	in	the	voltage	generated	due	to	an	applied	stress.	




these	experiments	 indicate	 the	 rate	and	magnitude	of	harvested	energy	 increased	with	 increasing	
porosity,	 as	 was	 predicted	 by	 the	 piezoelectric	 energy	 harvesting	 figures	 of	 merit	 of	 the	 three	
samples	 tested,	 demonstrating	 proof-of-concept	 for	 the	 use	 of	 porous	 ferroelectric	 materials	 in	





This	 paper	 has	 demonstrated	 the	 potential	 for	 the	 controlled	 introduction	 of	 porosity	 into	
ferroelectric	ceramics	as	a	method	to	improve	their	longitudinal	energy	harvesting	capabilities.	Two	
new	 finite	 element	models	 were	 presented	 that	 investigated	 the	 effect	 of	 pore	 structure	 on	 the	
poling	behaviour	 and	piezoelectric	 properties	 of	 porous	 ferroelectric	materials	 in	 varying	 levels	 of	





yield	 high	 fractions	 of	 poled	 ferroelectric	 phase,	 compared	 to	 pores	with	 lower	 aspect	 ratios	 not	
aligned	 to	 the	 poling	 axis.	 This	 model	 provides	 an	 explanation	 for	 high	 piezoelectric	 strain	
coefficients	 that	 have	 been	 reported	 in	 freeze	 cast	 ferroelectric	 ceramics,	 highlighting	 the	
importance	 of	 the	 link	 between	 pore	 morphology	 and	 structure	 and	 the	 resulting	 piezoelectric	
properties	of	porous	ferroelectric	materials.	
A	 second	 finite	 element	 model	 was	 then	 used	 to	 more	 accurately	 model	 2-2	 connected	 porous	





bridges	 in	 the	 pore	 channels,	 which	 tended	 to	 remain	 unpoled	 due	 to	 their	 location	 within	 the	
porous	 structure,	whilst	 acting	 to	 restrict	 the	 induced	 strain	 in	 the	highly	poled	 ceramic	 channels,	
leading	to	lower	d33	coefficients	than	similar	porosity	structures	with	clear	pore	channels.	
Freeze	 cast	 porous	 barium	 titanate	 samples	 were	 fabricated	 and	 characterised	 in	 terms	 of	 their	
piezoelectric	and	dielectric	properties	and	compared	 to	dense	barium	 titanate	and	porous	barium	
titanate	 with	 spherical,	 uniformly	 distributed	 pores.	 The	 freeze	 cast	 material	 had	 similar	 d33	
coefficients	 as	 the	 dense	material	 up	 to	∼50	 vol.%	 porosity,	 significantly	 higher	 than	 the	 barium	
titanate	with	uniformly	distributed	porosity.	The	permittivity	of	the	material	was	found	to	decrease	





samples	were	mechanically	excited	on	a	 shaker	and	 the	electrical	 response	used	 to	 charge	a	1	µF	
capacitor.	The	porous	samples	were	 found	to	charge	 the	capacitor	at	a	 faster	 rate	 than	the	dense	
material,	 as	 predicted	by	 the	 energy	harvesting	 figures	 of	merit.	 The	maximum	measured	 voltage	
across	the	charged	capacitor	was	found	to	be	234	mV	for	freeze	cast	barium	titanate	with	45	vol.%	
porosity,	 compared	 with	 96	mV	 for	 dense	 barium	 titanate;	 corresponding	 to	 an	 improvement	 of	
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